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A3. o) AAGOZ B)AAGOI y)IQITO 6)IQITO

OEMA B

B1. Houvaptnon f(x) = %x:‘ —3x? 4+ 5x +§ , X € R elvaLnapaywylown pe
fl(x)=33x2-32x+5+0=x2—6x+5 x€R
B2.

e f(x)=0=2x?-6x+5=0=2x2-x-5x+5=0=x(x-1)-5x-1)=0
ox-—1D)(x-5)=0=x=111x=5.

o fl(x) >0 x€(—x,1)U (5 +»)
e ff(x)<0=x€(1,5)

Ta npoéonuamg f'(x) ko n povotovia g f daivovral orov napakdtw nivako

x —co 1 5 400
fx) + - +
f e \y

Exoupe f(1) =3-13—-3-12+5-1+5=3% xa f(5) =35 -3-57+5-5+;=-8

H ouvdptnon f napoucialel tomkd péyoto otn Béon x = 1 1o f(1) = ; KoL

Tomiko ghdyoto ot Béon x = 5 to f(5) = —8.
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B3. H edamrtopevn tng ypadiki¢ mapdotaons g f oto onueio e Tetunuevn x, = 0 €xeL
HopdA:

|

|
émob A =f'(0)=5 Gpa

ey=Ax+p

| ey=5x+8

EmimAéov éxoupe £(0) = % Gpa To anpeio emagrig civai 1o X (0, i).
i

; : : L e ==t -
Em|i5r1 n & diEpyetan amé 1o X (0, ! Ba oYL ;=0 0+ = p =1
Tehika n gnrodpevn uBeia éxel fiowon: y = 5x + %

|
|

f(=1+h)—f(-1)
h

B4. To opio }lin% givare€ opiopol ioo pe mv mapdywyo ¢ f oto —1 dpa

P11111%”—(‘“";"‘(‘” =f'(-1) = (-1)? -6(-1) +5 = 12

OEMAT
. . xi46x-7 . x2x+Tx-7 . x(x—1)+7(x-1)
M. Eivai s =lim = lim = lim .
x—1 2x-—2 =1 2x—2 x—1 2x—2
i = 7 4 7 7. 2
s hmwz il =1t 4,6p0s = 4.
x—1 2(x-1) x-1 2 2

r2. CV:ZO%«:)%:%«:)Z-M =10s < |%| =55 = 20

Apa ¥ =20 1§ x = —-20 o0t°C.

e Avx = —-20,101E

—20 = 22+18+(205+x)+14+16 - _20 = 90+xK = —100 = 90 + k < k = —190

kal ol Tapammpnoelg yivoviar: 22, 18, -170, 14, 16.

Axopa kar av ayvorjgoupe 1o yeyovoc om dev Exel maparnpnBel moré @eppokpacia —170 °C
ekro¢ epyaarnpiou, arov mAavijtn n, n ripn k = —190 awoppITITETAN yIaT TOTE, N AVTIOTOIXN
amokhion yiverai:

J(zz +20)2 + (18 + 202 + (-170 +20)2 + (14+ 20)2 + (16 +20)2 J1502
s=
5 5



|
AnAadn s > i@o > % = 50, o onoio épxetrai og avtidson ue o s = 4.
A v

|
|
L .
. Ale = 20, 101¢

122+18+(20+K)+14+16 90+i
= =

20 20 =
| 5

= 100=90+ k= k=10

kal ol Trapatnpioelg yivovrar: 22, 18, 30, 14, 16.
[
[
AvoTuXwe, Kai oTnV TEPITTWON auTh N amdkhion givai:

[ - J(zz —20)2 4+ (18 — 20)%2 + (30 — 20)2 + (14 — 20)? + (16 — 20)?

! 5
|

-V

B J(z)z +(2)2+(10)2+(6)2 + (42 [160
B 5 .5

Anhadn s = V32 > V25 = 5, 1o ontoio épxetai koL auto o avtidson ueto s = 4.
Apa ta dedouéva tou Feuatog sivat uetaéu toug acuuBarta.

Av Bewpnooupe 6T k=10, T6TE 01 TApaTnPACEIS diatdooovTal wg £ENG:
14, 16, 18, 22, 30

ka1 emeidn €xouv wepITTo TARBOG, N SiGpeoog eivan N pecaia Tapatipnon, Snhadn 5=18.

4. Av ka8 maparipnon auénBei kard 10%, ol véeg maparnprioeis Ba eivai:
y;=x;+0,1x; =1,1x; , i=1,..,5

pe péonmun: y=1,1x

Kai umkn amokhion: s, = 1,1s,

Aoa CVy =2 =20 = 2= (W, = 20%

118 *®




OEMA A

A1,

Z10 opBoywvio Tpiywvo AOB i1oylel To MuBayopeio Oewpnua, ETOPEVWG:
(04)? + (0B)? = (AB)? &
x2+y?2 =10
y2=100-x2 (1)

:0| peTaBAnTég x, v ekppalouv Ta PRKN Twy KABETWV TTAEUPLY TOU TpIywvou Gpa eival BeTikoi apiBpoi,
SnAadi

x>0 (2) Kat y>0 (3)

Am') v (3) Exoupe:

1
Y208 100- 2> 00 2 <100 s 1 <10 -10<x<10  (4)

ATO TIg (2) Kal (4), Exoupe: 0 < x < 10.

H (1) ypagetal y = /100 — x? xain Intodpevn cuvdpnon ivai:

f(x) =v100 —x2, x € (0,10)

Mpogavwg, Tedio opiopol ¢ f eivar o A = (0, 10).

A2, H ouvaptnon eivat napoaywyiciun, pe

: (100—x%)’ T —
=] = = , x € (0,10
F'® 2J100-x2  2J/100—x2  J100—x2 e )

-8 -8 4

Apa o puBpog petaoAng mg orav x = 8 eivar f'(8) = JTL_RZ = s 3

A3,

Thits flx)-8 fis v100—x7-8 fini (V100-xZ-8)(V100-x2+8) lifi 100-x2—64 .
X6 X—6  x6 x—6 = (x—6)( V100—x7+8) T x56 (x—6)(V100—xZ+8)
: 36—x2 p —(x—6)(6+x) ; —(6+x) -6-6  "—12 3
lim - = lim = lim — mE——=—=—
x—6 (x—6)(V100-x2+8)  x—6 (x—6)(V100-xZ+8)  x—6(V100-x2+8) 64+8 16 4

Ix6AL0: To 6pLo LTtOAOYiETAL KOIL [IE TOV OPLOUO TG Mapaywyou Kot eivat iso pe f'(6).



A4, ‘Exouype Oeitel oto A2 011 f'(x) = J% , x € (0,10).
—X

EmmAéov: +100 —x%2 > O0kaix > 0, yiakéBe x € (0,10).

Apa f'(x) < 0, yiakabe x € (0,10) ki emopévwg n ouvaptnon f ivar yvnoiwg @Bivouoa aTo
didotnua (0,10).

Mapampoupe Twpa 611 yia TIG TIPEG X4, X5, X3 TTOU 80BNKav, Ioxlel 0 < x; < x3 < x < 10
kai agol f yvnoiwg gBivouoa, £XOUpE:

f(x1) > f(x3) > f(x2).



